or §4.4 of [6] ). A particularly successful application of this idea is to be found in the study of the voter model using duality with a system of coalescing random walks (see Ch. V of [10] for a number of results obtained using duality and a comprehensive bibliography).
Shiga [12] noted an analogous duality between systems of delayed coalescing Markov chains and certain systems of interacting Fisher-Wright diffusions. The latter interacting processes arise as diffusion limits for twotype genetics models with populations at a countable set of discrete sites for which there is within site resampling and between site migration. The form of the duality is that multivariate moments for the system of diffusions can be represented as certain expectations for the delayed coalescing Markov chains. Shiga's observation has been particularly useful in studying the phenomenon of cluster formation in such models (see [7] or [3] for recent bibliographies covering papers in this area). Shiga [13] also showed that 341 COALESCING MARKOV LABELLED PARTITIONS the natural stochastic partial differential equation analogue of such a system of interacting Fisher-Wright diffusions is dual in a similar way to a system of delayed coalescing Markov processes.
The above two-type genetics models have infinitely-many-types counterparts, and duality for these has been investigated in [9] and [3] . Here [7] . Some of our argument is similar to that in [7] . One on E with semigroup {Pt}t~0 satisfying Pt 1 = 1, t &#x3E; 0, so that Z has infinite lifetime. We wish to define an associated AS-valued Borel right process (s that has the following intuitive description. Let A E As. The evolution of (5 starting at A will be such that c~ (~s (t) ) remains unchanged and E(~s(t)) evolves as a vector of independent copies of Z starting at until immediately before two (or more) such labels coincide. At this time, the components of the partition corresponding to the coincident labels are merged into one component. This component is labelled with the common element of E. The evolution then continues in the same way.
It is possible to give a rigorous definition of (5 using a "concatenation of processes" construction (cf. §14 of [ 11 ] ). Alternatively, it is possible to build (5 explicitly from N independent copies of Z started at 6(A) by proceeding along the lines of the construction in [7] . Essentially, that latter construction builds the process of labels, and the corresponding partitions can then be added on in a simple, deterministic manner. As either of these constructions is rather straightforward but involves the introduction of a substantial amount of notation, we will omit the details.
We will denote the law of (s starting at A as Pg. When [4] are given in the case when m is finite, but they make sense in this more general setting. Also, much of the resulting theory holds unchanged, and we will apply without comment results from [4] By the consistency property noted above, for m x P-a.e. (e, w) E E x ~1 the sequence of probability measures converges in the weak* topology on Mi as n oo to the unique probability measure that coincides with U~z ( e ) ( cv ) on Hence, by dominated convergence, for P-a.e. w E [2 and every and § E C) we have that the sequence is convergent. Therefore, the sequence converges in E to a point V(w). In particular, V is a Evalued random variable. Moreover, for P-a.e. w E [2 the function V (w) has the property that for rn-a.e. e E E the value V (e) (w) E M1 is the unique probability measure that coincides with Un(e)(w) on With Bi,..., Bf E B and G 1, ... , Gf E Q as above, set 03C8 = L1(m'~r) and x = ®i=1 1Gz E C~~&#x3E;. By construction, we have Linear combinations of functions of the same form as 1/; (respectively, x) are dense in (respectively, C~~&#x3E;), and so (4.3) holds, as required.
(iii) Uniqueness. It is immediate from Lemma (3.1 ) and a monotone class argument that for each E 3 and t 2: 0 there is at most one probability measure satisfying (4.1 ). By Lemma (3.1 ), it further suffices to consider the case F = In -; ~), where ~ _ ~~ 0 X with ~~ E n x E C~n~, and both ã nd x are nonnegative. By definition of ((n), the total variation distance between the distribution of (( n) (t) under and the push-forward of the probability measure by the is bounded above by (that is, by the probability that a coalescence has not occurred by time t). This probability converges to 0 as t 1 0.
We collection of independent copies of Z (so that an analogue of (4.2) holds). Finally, the total variation distance between the distribution of the labels at time t and that of a collection of independent copies of Z should converge to 0 as t 1 0 (cf. the proof of strong continuity). For example, one could have the components of the partition coalesce at a rate proportional to a "collision local time" between the associated labels in a manner analogous to that considered in [7] . [7] is a particular instance of this latter construction.
Open Problem. -When Z belongs to the class of Levy processes considered in [7] [7] ).
In genetics terminology, the following Proposition (5.1 ) [ 11 ] ) . be a sequence of bounded, continuous functions that converges in m-measure to (g A n f ) V ( -n f ) .
Then V ( -n f ) ) -V ( -n f ) ) ~ ~ 1 = 0, as required.
